Workshop on Gray products and lax
constructions

Raitenhaslach 2025
February 5, 2025

Background Talks

GRAY’S ORIGINAL TENSOR PRODUCT (1 talk)

The Gray tensor product was first introduced in the setting of strict 2-
categories, where it is far more amenable to direct computation. This talk will
survey the original definition and construction from and its first prop-
erties — in particular, the connection to lax transformations. Time permitting,
the talk may also cover homotopical aspects of Gray’s construction (e.g., the
Quillen bifunctoriality of [Lac04]) or variants (such as the variant representing

pseudonaturality of [GPS95]).
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The (o0, 2)-categorical theory

THE SCALED SIMPLICIAL SET APPROACH (1 talk)

This talk should briefly introduce scaled simplicial sets, and the construction
of their Gray product, following §2 of [GHLZ2]] It should then survey the relation
to functor categories with lax (or oplax) transformations, and, time permitting,
describe the universal property in terms of oplax normal functors.

THE MODEL-INDEPENDENT APPROACH (1 talk)
The second talk of this series should survey the results of [CM23] providing
a model-independent characterization of the Gray product of (0o, 2)-categories



in terms of cubes. In particular, the talk should cover the universal properties
of Corollary 3.5 in op. cit., which characterize the Gray product in terms of its
operation on cubes.
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The (00, 00)- and w-categorical theories

THE GRAY TENSOR PRODUCT OF (00,n)-CATEGORIES (1 talk)

This talk should introduce cubical sets and marked cubical sets, and discuss
the way in which they are expected to model (0o, c0)-categories. The speaker
should then cover the construction of the Gray tensor products of marked cubical
sets in §2.2 of [CKM20]. Time permitting, the talk can also discuss some of the
model-categorical aspects of the Gray product of marked cubical sets.

THE GRAY TENSOR PRODUCT OF (STEINER) w-CATEGORIES (2 talks)

Talk 1: This talk will survey the theory of Steiner w-categories and their rela-
tion to augmented directed chain complexes, following the background in §1 of

[AGOR23], supplemented by the original reference [Ste04].

Talk 2: Using the definitions and machinery established in the previous talk,
this talk should introduce the tensor products of augmented directed complexes
and strong Steiner w-categories (§7 of [Ste04]). It should discuss the monoidal
closed-ness of this product, and, time permitting, its relation to the Gray prod-
uct constructed in [AS93].
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Minicourses

A three-talk series by Fernando Abellan, and a three-talk sequence by Hadrian
Heine. Talks to be announced.



